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Much progress has been made since the publication of [D]. I will describe some improve-
ments that are now known.

Let A be an abelian surface with a nondivisible ample line bundle L with first Chern

class ` and let Â be its dual abelian surface. The Mukai lattice of A is the even integral
cohomology H?(A,Z) = H0(A,Z)⊕H2(A,Z)⊕H4(A,Z) endowed with the quadratic form

(a0, a2, a4) · (b0, b2, b4) := a2 · b2 − a0b4 − a4b0

(see [Y, Section 1.1]). For v ∈ H?(A,Z)alg primitive, we denote by MA,L(v) the projective
moduli space of L-semistable sheaves on A with Chern character v. We assume v2 ≥ 6, that v
is positive in the sense of [Y, Definition 0.1], and that every L-semistable sheaf in MA,L(v) is
L-stable. In that case, MA,L(v) is a smooth projective variety with surjective Albanese map

MA,L(v) → A × Â; all the fibers are isomorphic to the same hyperkähler variety KA,L(v)
of dimension v2 − 2 which is of generalized Kummer type ([Y, Theorem 0.2]). When v =
(1, 0,−m), with m ≥ 2, the variety KA,L(v) is isomorphic to the generalized Kummer variety
Km−1(A) (of dimension 2m− 2) for any L.

Take v = (0, `,m) and w = (r, `, 0) with m, r ≥ 2. These vectors are positive and, if every
curve in the linear system |L| is integral, every L-semistable sheaf in MA,L(v) or MA,L(w) is
L-stable. Assume 2n := `2 ≥ 6. The variety KA,L(v) is the variety Jm+n(A) of [D] and the
variety KA,L(w) is the variety Mr(A) of [D]. By what we explained above, these varieties are
all of Kummer type of the same dimension 2n − 2 hence are all deformation equivalent. This
is a vast generalization of [D, Theorem 3.4].

Assume moreover NS(A) = Z[L]. By [Y, Proposition 3.39], the variety Jd(A) is bira-
tionally isomorphic to a generalized Kummer variety of some abelian surface if and only if
d ≡ n ± 1 (mod 2n) and the variety Mr(A) is birationally isomorphic to a generalized Kum-
mer variety of some abelian surface if and only if r ≡ ±1 (mod 2n) (this agrees with [D,
Proposition 3.2]).
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